Introduction
In the papers [4] , C5] , [6] the author has studied properties of totally umbilical surfaces in iiis^annian manifolds whose "/eyl conforms! tensor Ca^vu is recurrent, -his note concerns the properties of such manifolds admitting totally umbilical hypersurfaces, Moreover, v/e consider totally umbilical hypersurfaces in ttiemannian manifolds satisfying VtV9CAAVCj -V?ViCA/l»u -0.
The manifolds are here assumed to be connected and of class .
Totally umbilical hypersurfaces
Let LI be an n-dimensional submanifold immersed in en (n+1)-dimensional Siemannian manifold N (with not necessarily positive definite metric). In the sequel the Greek indices take on values 1,.,,,n+1 and the Latin indices take on values 1,...,n. Let y* = y oc (x 1 ) be a parametric representation of M in N, where (y®) and (x^) are local coordinates in I.i and K, respectively. Set dy^/dx 1 . Assume that M inherits from K the Riemannian metric Goc/s is the metric tensor of a. Set f. -B* B Bjjj; -B}J V and soonLet C be a local unit normal to M. Then we have <v °X B i A = V C X c"= e and 
where is the Ricci tensor of N.
The case N -conformally recurrent manifold
We assume that dim N = n+1 ^ 4 and N is conformally recurrent C1] in the sense that the following condition (4) = V P is satisfied, where is the Weyl conformai tensor defined by
Vy denotes covariant differentiation with respect to the metric of N and v^, is a covariant vector field on N, R being the scalar curvature of N. Making use of relations (2), (3) and (5), we find
from which, by covariant differentiation and by (4) we obtain
Contracting (7) with g 3 "* we get, in virtue of (1) and
which reduces (7) to
Eow we recall that the V/eyl conformai tensor is a generalized curvature tensor, i.e. it satisfies -697 - If we identify a point of M with its image by the immersion into N, then in virtue of (6), (8), (9) and (10) we obtain Proposition 1. Let M be a totally umbilical hypersurface of a conformally recurrent manifold K. Then Thus, as a consequence of Proposition 1, we obtain Theorem 1. Let K be a. Riemannian manifold satisfying (I), or (II), or (III) with V^v ' = V^, or (IV) with 7 v = V0v". If M is a totally umbilical hypersurfar-y
Tr-
ee in H, then M is totally geodesic or N is conformally flat. Prom Theorem 1 there follows Theorem 2. If a locally symmetric and not locally decomposible Riemannian manifold N with positive definite metric admits a totally umbilical hypersurface with non identically vanishing mean curvature, then N is of constant curvature.
In fact, any locally symmetric and not locally decomposible Riemannian manifold with positive definite metric is an Einstein manifold.
-698 -
The case N -Ricci recurrent manifold
In this section we assume that If is Ricci recurrent, i.e. N satisfies = R X / u» for some covariant vector field v^ on N. Moreover,. we assume that H = const. ^ 0.
In our case, by differentiation of (3) we can find <11 > R Au B ij » e R X W cA which, by contraction with g^ gives, in view of (1), (12) R X<J C X C<" =e.
Equations (3), (11) and (12) i ' e * R Aw = n+T G AW at any P°i nt of M ' Thus, the following theorem is true: Theorem 3» Let K be a Riemannian manifold satisfying V^ = 0 or V^, = v A R /tiV with V^ = V^. If M is a totally umbilical hypersurface in N, with constant mean curvature, then M is totally geodesic or E is Einsteinian.
Prom Theorems 1 and 3 there follows Theorem 4. Let N be a Riemannian manifold satisfying (I) or (III) with = V^ . If M is a totally umbilical hypersurface in N, with mean curvature constant , then II is totally geodesic or N is of constant curvature. (10) and (18) we find
The assertion of our proposition follows from (6), (17), (19) and (10).
As a consequence of Proposition 2 we obtain 
